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D”PZi MwYZ (m~Îvejx) 

GKv`k †kÖwY  

Aa¨vq-9t AšÍixKiY   

 K¨vjKzjvm Ggb GKwU kvLv †hLv‡b Awew”Qbœfv‡e cwieZ©bkxj ivwk wb‡q Av‡jvPbv Kiv nq | 

 exRMwYZ,wÎ‡KvYwgwZ Ges we‡kølYg~jK R¨vwgwZi Dci wfwË K‡i K¨vjKzjvm cÖwZwôZ | 

 K¨vjKzjvm Gi kvLv ỳwU --- AšÍixKiY Ges †hvMRxKiY | 

 AšÍixKiY : GKwU ivwki m~²vwZm~² cwieZ©‡bi Rb¨ Ab¨ GKwU ivwki cwieZ©b |A_©vr MwY‡Zi GB kvLvq 

cwieZ©‡bi nvi wb‡q Av‡jvPbv Kiv nq | 

Abykxjbx-       

dvsk‡bi mxgv   

 wjwgU : Pjivwk x Gi gvb GKwU wbw ©̀ó msL¨v  a A‡cÿv e„nËi ev ÿz ª̀Zi gvb MÖnYc~e©K a Gi w`‡K AMÖmi 

n‡j f(x) Gi gvb GKwU wbw ©̀ó msL¨v   Gi w`‡K AMÖmi nq ,Z‡e   †K Gi wjwgU ev mxgv ’̄ gvb e‡j | G‡K 

            =   Øviv cÖKvk Kiv nq | 

 ‡hgb: f(x) = 
    

   
 GKwU dvskb 

GLb hw` x = 3 nq ,Z‡e f(3) = 
 

 
 ,hv Awb‡Y©q Ges A_©nxb | 

A_©vr,x = 3 we› ỳ‡Z f(x) Gi gvb we`¨gvb †bB | 

wKš‘ hw` x Gi gvb 3 bv a‡i 3 Gi wbKUeZ©x †Kvb gvb aiv nq,A_©vr x = 2.99,2.999,2.9999, .........BZ¨vw` gvb 

emv‡j f(x) = 5.99,5.999,5.9999,……….nq| 

Avevi x = 3.01,3.001,3.0001,.........BZ¨vw` gvb emv‡j f(x) = 6.01,6.001,6.0001,…nq | 

Dfq‡ÿ‡Î †`Lv hvq ‡h Pjgvb ivwk x Gi gvb GKwU wbw ©̀ó msL¨v 3 Gi KvQvKvwQ AMÖmi n‡j f(x) Gi gvb GKwU 

wbw ©̀ó msL¨v 6 Gi KvQvKvwQ nq | 6 ‡K ejv nq f(x) Gi mxgv ’̄ gvb| 

A_©vr             =   

 dvsk‡bi gvb Ges mxgv ’̄ gvb GKB wRwbm bq| †Kvb we› ỳ‡Z dvsk‡bi gvb we`¨gvb bv _vK‡jI Zvi mxgv 

we`¨gvb _vK‡Z cv‡i | ‡hgb: x = 1 we› ỳ‡Z f(x) = 
    

   
 Gi gvb we`¨gvb †bB wKš‘ Zvi mxgv we`¨gvb | 

 1
sin

0
lim 
 x

x

x
                          

 1
tan

0
lim 
 x

x

x
   

   =  a we› ỳ‡Z      dvsk‡bi mxgv we`¨gvb _vK‡e hw`              =              nq | 
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               n‡”Q   =  a we› ỳ‡Z      dvsk‡bi Wvb mxgv | 

              n‡”Q   =  a we› ỳ‡Z      dvsk‡bi evg mxgv | 

    = a we› ỳ‡Z      dvskb‡K Awew”Qbœ ejv n‡e hw`              =              = f(a) nq | 

 f(a) n‡”Q   =  a we› ỳ‡Z dvsk‡bi gvb| 

              Ges f(a) Gi g‡a¨ cv_©K¨ :  hw` Pjivwk x Gi gvb GKwU wbw ©̀ó msL¨v  a A‡cÿv e„nËi ev 

ÿz`ªZi gvb MÖnYc~e©K a Gi w`‡K AMÖmi n‡q a Gi AwZwbKUeZ©x nq ZLb  f(x) Gi gvb †K 

            Øviv cÖKvk Kiv nq | Bnv‡K f(x) Gi mxgv ’̄ gvb e‡j | 

Aciw`‡K   =  a we› ỳ‡Z f(x) Gi gvb‡K f(a) Øviv cÖKvk Kiv nq | A_©vr ,f(a) n‡”Q   =  a we› ỳ‡Z 

dvsk‡bi gvb| 
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                                              Abykxjbx-       
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g~j wbq‡g AšÍixKi‡Yi m~Î:
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 ỳwU PjK ¸b AvKv‡i _vK‡j 
 

  
      

 

  
     

 

  
    

 ỳwU PjK fvM AvKv‡i _vK‡j 
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Abykxjbx-      
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Abykxjbx-      

Ó ỳwU Pj‡Ki g‡a¨ GKwU Ab¨wUi cvIqvi wn‡m‡e _vK‡j Ó 
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 Óaªæe‡Ki cvIqvi hw` PjK nq Ó 
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Abykxjbx-      

 Ae¨³ dvskb :hw` †Kvb dvskb f(x,y) = 0AvKv‡ii nq Ges Zv‡K  y=f(x) A_ev x = f(y) cÖKvk Kiv bv 

hvq ,Z‡e Giæc dvskb †K Ae¨³ dvskb e‡j | ‡hgb : 3x
4
 – x

2
y + 2y

3
 = 0 
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Abyiæcfv‡e Ab¨¸‡jv 
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 civwgwZK mgxKiY : ỳwU Pj‡K hw` Z„Zxq Av‡iKwU Pj‡Ki gva¨‡g cÖKvk Kiv nq ,Zvn‡j G Z…Zxq PjK‡K 

civwgwZ Ges mgxKiY‡K civwgwZK mgxKiY e‡j | †hgb : x = f(t)Ges y = g(t) 

(¯úk©K I Awfj¤)̂ 

Abykxjbx-          

 eµ‡iLvi ¯úk©‡Ki mgxKiYt            we› ỳ‡Z        eµ‡iLvi ¯úk©‡Ki mgxKiY n‡”Q  

            (
  

  
)
 
        ; GLv‡b (

  

  
)
 
n‡”Q           we› ỳ‡Z eµ‡iLvi ¯úk©‡Ki Xvj|            

 eµ‡iLvi Awfj‡¤̂i mgxKiYt            we› ỳ‡Z        eµ‡iLvi Awfj‡¤̂i mgxKiY n‡”Q   

                 (
  

  
)
 
         ; GLv‡b (

  

  
)
 
n‡”Q           we› ỳ‡Z eµ‡iLvi ¯úk©‡Ki Xvj|      

 AwZ cÖ‡qvRbxq t    

 ‡Kvb we› ỳ‡Z hw`  
  

  
    nq, Z‡e H we› ỳ‡Z eµ‡iLvwUi ¯úk©K   A‡ÿi mgvšÍivj|   

 ‡Kvb we› ỳ‡Z hw`  
  

  
   ev, 

  

  
   nq, Z‡e H we› ỳ‡Z eµ‡iLvwUi ¯úk©K   A‡ÿi mgvšÍivj 

n‡e|   (ev,   A‡ÿi Dci j¤̂ n‡e)     

 ‡Kvb we› ỳ‡Z hw`  
  

  
    nq, Z‡e H we› ỳ‡Z eµ‡iLvwUi ¯úk©K    A‡ÿi mv‡_     †KvY Drcbœ K‡i|    

 ‡Kvb we› ỳ‡Z hw`  
  

  
     nq, Z‡e H we› ỳ‡Z eµ‡iLvwUi ¯úk©K AÿØ‡qi mv‡_ mgvb mgvb †KvY Drcbœ 

K‡i|         

¸iægvb I jNygvb   

Abykxjbx-       

 mwÜ we› ỳ : eµ †iLvi †h we› ỳ‡Z cÖ_g AšÍixKib k~Y¨ Zv‡K mwÜ we› ỳ e‡j | 

 ‡h mKj †iLvi         0 Zv‡`i ¸iægvb I jNygvb we`¨gvb †bB | 

 


